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Algelmic structures of Steinbeg modiles.. 
Goals 

Conventions: 

2) genealizations de CFP conj. 
R PID F= Frac (R) k coefficient 

Review of Jenny's talk. 
V free R-modil 
TV) - realization ol poset of proper nonzero summands oh V 

T"(R) = T(R). 
Prop T"(R) = Tr(F). 

W H > W O F 

The (SolomonTiss) Tu(R) ~ V Su-2 
Del 

For B= 261,-, In) basis, let A (B) = full subox of TAR) 
Spamed by proper vanemp 
Subseh dr b. 

There is a mandartory picture of a triangle her. (n=3) 

A(p) = S"-2 
Del [p] = image s find. diss ol All in StaR. 

(B meds to be ordered up to sign 
Thu (Ash-Ruloph) R endilean → Sen R generted by [B} 
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Multipicalion For Heinbeg. 
For R endidean, let fe: StuRe StuR → Sturm R 

deliel 04 (Em,.,vaJo [w,,., W,3) = [V,,Va,w,..., wm] 
Why well delined? For R=Z use relations (Jenny's kik) 

Better approach: GKRW, delive a map on space level 
and does not reguire R endidean. 

uses RioR = Rutm 

Pop EnR associatie vig 
Not commutties (e11o [er, eter] → [er, er, ezte3 ] 

(A) St 
Le,, e,+e2] @ [e,] t → [er, e, e,+e2, e3) 

VB : grapoil ol Pig. free R-modies. 

k 
representations 

constant VB-madle 

Ex St = 2 Stu} 

Day convolution of VIB-modiles. 
A®B=V 

ie. (MON) (e") ETuL CL MCR')OM(e) 
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Del VB - ring is a monoid dijet 

in Modus, 
Day 

and St are both UB-rings. 
Both are commuktive! 
Exercise wore at example (R) 

CFP caujede k=Q 
Hi (SL,Z; Sta) = 0 Por n 7 i + 2 

If A is a Bring, the Ho(SLiA) - Ho (SL_R; A(+)) 
is a gaded ring, a n d Hi (SLiA) - @Hi(SL R; A(a)) 
is an Ho (SL;A) - modile. 

и $ 1 
Ho (SL (2); Sc) - Lee-Sezaha 

as a ring, extrior aly on one generator, A(x) IxI=1 

Reak M a A(x) -modie gonerted in degree s 2g 
→ Mn =0 ba 172+2 

CFP reformlated: 

Hi (SL (2); St) is generted in deg si 
as an Ho (SL (2) ;St) -modile. 

v e d 

conj ° H.(SL.) 

sability 
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Hondogied stability 
Ho (SL; k) = k[x] 

Thm (Borel, Li-Sun) 
Sury i f n t i 
i so i ≤ n 

Reformiaion Hi(SL:Q) gend i n deree Eit 
as Ho (SL; Q) - molle, and pesented in dy & it 2 

Congruence subgraps: 
Del Tn(L) = ker (SLu(2) → SL. (2/22)) ( 일 ) 

Thu (Lee-Sacarha Ho(Tn(3) ; St) = Stu (TFz) 7 
n> 3 H ( L E A   =   8 e ,   1 2 ) = ( 2 4 7 

Thm (Putman) H; (5 :  (ي)
fig module over Ho (T;4) 

uniform destition 
- "rep. sabiting" 

Caj HiT; St) Ig one Holr; st) 


