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Clément Dupont minicause I 

Chassial pdylog o weisht n: 
Lin (2) = k ” 

Reck Aliso exist untie polylagaritis L, 2,, 2) = 2 Itk , L"'.. kn 
Li, (1)= - Log (1 - z) = I - t 

multivaluce holomorphic fundion on zE C\ $0,13 

(n- 1)! 
Single-valued variants: 

Rel 
P"(z) - (n odd). 

(n even 

B e r n o u t l i n o 

M
 i 2k 

h=o k! 

Lin (2) - loy |21 Lin-1(2)+ ... 

P, (z) = - 1og |1-z) 
P2 (z) = Im ( Liz (z) + log /z| log (1 - z) ) 

Bloch-Wigner dilog . 

Exercise Pn is single- valued. 
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R i k If you do the exercise, not many 
properties of Bernaki nis veeded 
(really only one) 
→ many potential other single-wher 
varants, but this is the " right" 

one (will explain late ) 

Funchional equations: 
P2 (z) + P2 (z) =0, P2 (1-2) + P2(2)=0 , 

(*) 

i f we woled with Liz instead d P2, Would get simila 
relations w/ funny right hand siles. 

EX 2 (1-2) + L2(2) =  7اI - log (z) log (1-z) 

Lets prive X). Differentiale, show devichre i zo. 
LP, (z) = - log |z| darg (I-z) + log|I-z/ d arg z 

let's organize this. I is the field C(x,y) 
^ F → {1. forms} 
f A g H → Log If | d a g g - log lal darg f 

#[Fx]8, RFx 
f + → - (1-f) n f 
1 

* 2 

Can check: 1- xi = Xi-,Xi+ (indices mod 5) 
→ easy to finish. 
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Another way to write the 5-term relation: cross-ratios. 
(a-c) (l-d) r (a, b,c, d) = 
(a-d ) (b-c) 

ao, , ayE P'(e) : 

GL(I → R 
(90, , 93) → P2 (-(90(7), , 93 (z))) 
is a 3 - cocyce for GL(C) 

n o [P2 E H(GL,CO); R ) 

ZE C \ 10,1) fixed 

For any fiell F: Hs Hs(GL(7); a2) → @[F*/ ) 
R(F) -Qsobspace de Q[F*] spanned by the 5-term relations. 

(the othe relion Polos, hom Stem) 

→ c. → Q → 0 
Cu: Q-usp. w/ basis (xo,, xu) pairwise distinet in P'(F) 

a = E (-1) (xo,., Xi,-, Xu) 
this is not an aeychic resotion dui it is a rescution ol Q 
so we get a map H3 (GL2 (T); Q) → Q[F*]/R(F) 

from this constuction. 
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Thu (Susin) For ang Ridd F, exact sequene 

0 → K3 (F), → Q [ F * ] 5,12 Fa → K2 (F)a → 0 
R(F) 

(Va - Vọ Q] 
Bloch - Sustin complex 
(two tem chain cx) 

remarks on k-theory. 

+ ~ K. F) 
KoF = 2 
KF - pX 
KzF - ЛF/(-(1-x)Ax) гра retionally only ? 

"/ Gondacis pogan: extend to higher K-aps 
(in patclar Brod-Suslin ox) 

Ku(F) a - Rim H, (GL(F; Q) 
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